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THINGY : Hecke functors : ✓ e-Rip (E) :
F- c- Swamp(Buno) ⇒ ÑÉBm•)- Shu (BmeX) .
N✓(F) is
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HElisse :

the : sing supptkrCFDCN.jp ✗ { o}
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Corollaries
- Heche eigersheaves are in

Shum;1p(Bunco)
Hecke . actin is Cisse

- Shrwiip (Bunco) ⇐ Spectral duottmposition Theorem
0

Qloh( Lousy%)
- Shun;1p( Bung) is ⇐ Construction of spectral

projectors
generated by images of
Berlinson 's spectral projectors⇒ D-www.qdBung) her ng .

±ñ



Reinert Con Heche - lisse property) .
Two versions : Fe Shuar.|plBmG)
-

N✓(F) c- ShvNi1p×{•z(BungX) - geometric
e- Shego#A

SWwi1p(Bung) Qhisselx) - categorical
1

(containment Shum.1p(Bung) Qhissilxcshrw. ,p×gog(Bmi✗)
is mostly formal , a



Infect The two versions ( important for spectral
are equivalent . decomposition) .

Keytemma ✗ =projective ,
Y is arbitrary
-

NcT*Y FE Shun ✗go.ly ✗X) - perverse f- constructible e in the)
.heart

Then F admits a filtration
with Fi/EFF ☒ F

,

F c- Shyly ) , F c- shy.IN .



Singularsysport .
In case of l -adic sheaves in M vanishing cycles .

char p : Beilinsm , Saito

key properties : ☒→mouth
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( actual constructible
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dim =tzdinT*X=dim✗
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For
perverse objects ( in the heart)?¥rtb
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o- Fl -F, -Fs -0 ⇒

singsupplFD-sizspp-T.lu Siyssypcfg) .



Functionality :
1- Smooth pullback f- is smooth

"

f :X - Y
1-
*y=:X✗yT☒Y .

Cy is cloned embedding ) p*✗&*↳Tsing supp f-
*(F) 1-

*

Y

e.Hing supp CF )) Si?qSippk
2. Proper pushforward fis pom

f- ⇐ shark)Cy is proper)

sing Suppf * (F)⑤
yup

-' ( Simgsuppcf)) .
3. Compatibility with ☒ , (sing supp F=&iyScppF ,
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G-Ghz ; V- standard rep .¥?%w¥É?%=eswµ,p%iBH .

length EIÉ/=L .

(E-E
' / EIÉQ) elementary modifications .
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Hecke
'
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(all
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I reduces to claims

if E> E
'

modification .

compatible with A : E-Ear

Al : E
'
-Éor For tuahoiri direction : Sanin

and A- is nilpotent , then

1) Ali > nilpotent
2) A / E,E:ElE← HEER is
zero

.

The claim is obvious
.



Reineck In general (for non - minuscule reps V)
need an extra step to Satake :
show that computation ✓- Satu) c- ShulGP
of Bing supp can be done

orbit- by - orbit in
r

.



How about reverse direction?

For Higgs bundles ,
dear :

? →
1-
*Keeter ?

if (E ,

A :E-Eat
and A- is not nilpotent , | J
-

F ✗ c-✗ and modification 1-
*

Bung T*BmgT*X
EdoEst

.
ACE ')cÉ•R ⇐A)

- - - - (EIA ' 1,43)
and A / Eye ,

: EIE ' -EIE /•R Singdsippf) =

is It zero .
But how is this enough?



char
. cycle

(Adapted from Saito's
'

results) : Cine - adic selling)

Suppa f:X-Y ( schematic
. Ñ¥*y

Festival)
'

µ ✗ ☒

Sing SuppF=NcT*X .

N⇒T*✗ . Tty
Siugspp(F) siugsupplf.ATConsider

⑦ 3)KT*yX .

* ✗
F- - - - f*f

4- 1-
*

Y
Suppose fix

1) His)i > isolated on the fiturofy .

2) dim 4-
' (a) =dimY

.

(always 7. In chemo,
(A)

Then 4113 / c- Singsupp (f*f) .

"⇒ 2) for sympkut.tk
reasons)
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Here's what we needa

⇐ ,

A :E-Eat and A- is not nilpotent ,
-

F ✗ c-✗ and modification
EdoE s.t.AE/)cE'oR

and AIEIEi.at/E'-E/E1o&.;-;ifdimE/E
'
> 1

,

should

look tr(AE/E) =/° .

is It zero .

ANI :

modification (ETA
')co( E.A) is

isolated
amongDÉGAGÉ atx
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/
.

lower modifications of A- is not nilpotent .

⇐A) at ✗ no invariant Fx : Aka is not mtphnt

subspaces of A- 1×1 on Ex
.

I non-zero eigenvalue .

Want to take an eigenspaee ,
but don't know multiplicity
in advance

.

/
mitts : elementaryTake generalized eigenspaee modification

of AG) for non-zero eigenvalue)wilt 2: E'=Efx)
.
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ForGLC

EmIYIw÷÷uadm.finearalgoboalm
A- c-glen)⇒{ generalized A :V-V is not nilpotent .

"
""" "

* " ""bhd

Yh
⑦ "" "

*

in GA) conclusion
.

Y ☒(w) -W

Ingenio :
_

2) trttlw) -1-0
the isolated point on the

ÑÉ
3) W is isolated in

§affaire Springer fiber . Gr
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